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Connected circular open subsets of C"

biholomorphisms from a bounded connected open circular

B (H Cartan) Let 0 € ,Q5 C C™ be connected circular open subsets, 2; is bounded
and

F:Ql—)QQ,F(O):O

is a biholomorphism. Then F'is a linear transformation.

? We have

FYF(2) ==z
— Do(F 1) oDoF = Id
— Do(F ') = (DoF)™

» Now consider the holomorphic map

Hg : Ql — Ql
Hy(z) := F*(exp(—i6) F(exp(if)z))

which satisfies
H(0) =0,9¢H = Id

cBy

Y

& (H Cartan) Let Q C C™ be a connected bounded open subset and

F:Q—0Q
be holomorphic. If for some p € Q we have F(p) = p,®,F = Id, then
F =ldqg.
H=Id.

« So
F(exp(if)z) = exp(i0)F(z)

for every 8 € R, z € 5.

e Thus, F'is linear.
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