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Holomorphic functions on a complex 1-manifold

E If X is a compact connected Riemann surface, then

0(X)=C

Take any holomorphic f € €(X) then

« |f] is a continuous function from compact to R, so there exists a maximum, that is,

there exists £o € X such that
|[f(zo)| = sup{|f(z)| : z € X}

« fY(zo) is a closed subset of X

- take = € f71(z¢) and a chart nbd Ua of = and move f |y, onto a function between

subsets of C, then because modulus of non-constant holomorphic functions cannot

attain its maximum in the interior of its domain, it must be a constant on U,, which is

a open nbd of z. So every element of f~!(zo) has a open nbd inside it. So f1(z) is

open

Because X is connected, f 1(z¢) = X. Thus f is constant on X.

Current note has 3 direct children and 3 total descendants.

e stem

» Objects stemming_from R-spaces of dimension 2

o Riemann surfaces

» Holomorphic functions on a complex 1-manifold

o Global holomorphic functions on a complex 1-manifold

» Global algebraic functions on a complex 1-manifold

« Non-constant holomorphic maps between Riemann surfaces locally

looks like w*_and are open maps

And it has 16 siblings.

e stem

» Objects stemming_from R-spaces of dimension 2

o Riemann surfaces

o Vector bundles on complex 1-manifolds

o Classification of complex 1-manifold

o Riemann's existence of holomorphic maps between compact Riemann

surfaces

« Divisors on compact Riemann surfaces
o Fluid

o Meromorphic differentials on Riemann surfaces

« Holomorphic functions on a complex 1-manifold

» Holomorphic maps of type 0 i 0

« Rational maps

e Hurwitz scheme

» Moduli space of C-manifolds

« Meromorphic functions on a Riemann surface

» Normalization of plane projective C-curves and Riemann surfaces

« Riemann surfaces defined over a number field

« Hyperelliptic Riemann surfaces

o Riemann surfaces with a holomorphic 1-form
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