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Operator norm of linear maps between R"

<«¥ Definition. Operator norm of linear maps between R™

Let A € HomVecg(R™,R™) we have

I|A|| := sup{||Az|| | z € R", izl <1}

« Any z € R™ we have x = > c;e;, Vile;| < llzll <1 then

1Az]| <) feil [ eill <) |l Aei]
. | Az|| < ||A]| N

. Ve e R™ (||Az|| < Allzll) = |4 <A

A+ Bl < sup [[(A+ B)(z)| < sup ([|[Az|| +[|Bz|]) < sup [|Az|+ sup [Bz| < |A]
1 | <1 Nl <1 e <1

Nzl < lzll

8 HomVecgr (R",R™)

is a normed R-vector space with the

( )

< Definition. Operator norm of linear maps between R"

Let A € HomVecg(R™,R™) we have

|A]| := sup{||Az| |z € R", 1z <1}

And because it is the preimage of the set R\ {0} with the map det : HomVecg (R",R™) — R

8 GLr(R™)

is an open subset of HomVecg (R", R™) with the operator norm and
()': GLg(R") — GLr(R")

is a continuous map.

. A€ GLR"),|B-A||l||[A™"| <1 = Be GLR")
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e stem

» subobjects of and functions on R", §™ C™_and its quotients F\Rn, F\Cn

e mapping

« Image of balls under differentiable maps

« Inverse of differentiable maps

o Mean value property of functions

o Operator norm of linear maps between R"

« Sequence of functions on R?
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