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Differential forms on complex 1-manifolds

These are smooth complex differential forms on a Riemann surface X

Q(X,C) — QY(X,C)eQ%(X,C) — 02(X, C)
6 5 dp=2dr+ Lz
fdz + gdz it (%—%)dzmz
hdz A dz

These are C*° (M, C)-differential forms on a Riemann surface and the exterior derivative.

The Hodge diamond of Riemann surfaces
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Proposition:
« For a connected compact Riemann surface, the Hodge diamond looks like

B0 1?
BL0 pOl — g g
hl,l 0?

» For a connected non-compact Riemann surface, the Hodge diamond looks like
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Holomorphic forms

Proposition:

» For a connected non-compact Riemann surface M
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