
Cl(Rn, ⟨ ,  ⟩0,n)

We have

Cl(Rn, ⟨ ,  ⟩0,n)

which is a 2n dimensional associative R-algebra, R-generated by ei … ek such that

with the inclusions

which we see as a consequence of extending Rn into the algebra and

We interpret

as the CR operator embedding as we now may see

∂0 +
n

∑
i=1

ei∂i

as acting on functions U ⊆ R
n+1 → Cl(Rn, ⟨ ,  ⟩0,n)

Cl(Rn, ⟨ ,  ⟩0,n)
as an algebra the CR operator

n = 1 R⟨1, e1⟩ ≅C

 complex numbers

is a R-vector space 

isomorphism 

because 

1 + 1 = 21

∂0 + e1∂1 =
∂

∂z̄

n = 2 R⟨1, e1, e2, e1e2⟩ ≅H ∂0 + e1∂1 + e2∂e2

[1]

[2]

[3]
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eiei = −1

eiej = −ejei

R
n ↪ Cl(Rn, ⟨ ,  ⟩0,n)

ei ↦ ei

R ↪ Cl(Rn, ⟨ ,  ⟩0,n)

1 ↦ 1

R ⊕ R
n ↪ Cl(Rn, ⟨ ,  ⟩0,n)

(1, 0) ↦ 1

(0, ei) ↦ ei

R ⊕ R
n ↪ Cl(Rn, ⟨ ,  ⟩

(1, 0) ↦ 1

(0, ei) ↦ ei

A function f : U ⊆ R
n+1 → Cl(Rn, ⟨ ,  ⟩0,n) is left-monogenic on U

(∂0 +
n

∑
i=1

ei∂i)f = 0 on U

​

(Integral theorem)

∫
∂C

dσf = 0

(Integral formula)

x ∈ int(C) ⟹
1

an+1
∫

∂C

1

y − x
dσyf(y) = f(x)

squishy

​ Cl(Rn, ⟨ ,  ⟩0,n)

squishy

​ SL(2)(R) ↷ R2

SL(2)(R) ↷ H 2
U

Mat
C
(2)

Ar, ⟨z↦λz⟩\
RHH 2

U

C ∖ {0}, ⟨z↦z+1⟩\
RHH 2

U

C ∖ {0, 1}, 
PSL(2)(Z)[2]\

RHH 2
U

R ⋉θ C2

Cl(Rn, ⟨ ,  ⟩0,n)
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Cn

U(C ∖ {0})

PSL(2)(C) ↷ CP 1 ≅Man S 2

CP n

Farey graph, complex and tree

GL

Heisenberg group

Incomplete hyperbolic polygon mod side-pairing

RHH 2, RH 2
U
, D2

RHH n

Dn lattice

Matrices

MatR(2)

Mobius endomorphisms

Elementary group with finite and infinite sided Dirichlet polyhedra

Polynomials

T ∗S 1 ≆Sym (R2 ∖ {0}, dx ∧ dy)

Z (∑1≤j≤n z2
j − 1)(C) ≅Sym T ∗S n−1

SL

SO

Seifert–Weber dodecahedral 3-manifold

U(n, C)

1. 2403-Clifford-Analysis.pdf↩︎

2. 0303339.pdf (arxiv.org)↩︎

3. 2015_hds_fs_Introductory_Clifford_Analysis.pdf↩︎
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