
Derivative operator on C1[a, b]

In the sum norm

D : (C1[a, b],‖‖1
∞) → (C[a, b],‖‖∞)

we have

∥D(f)∥∞ = f ′
∞ ≤ ∥f∥∞ + f ′

∞

hence D is bounded and

∥D∥ ≤ 1

However, for the sup norm it is not bounded.
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The derivative operator

D : C
1[a, b] → C[a, b]

f ↦f ′∥ ∥ ∥ ∥stem
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